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How to use: each section = Theory — Remember with — Class questions (taught on the slides; the first question of every board type carries a Board

Answer showing how to write it) — Practice. The answer key (with tables and circuits) is at the end.

SECTION A : STATEMENTS & CONNECTIVES

THEORY

Statement

A statement is a declarative sentence which is either true or
false, but not both. Statements are denoted by p, g, r,... and
the truth value of a statement is T (true) or F (false).

e “Sunrises in the East” (T) “5x 2 = 11" (F)

These are NOT statements

* Question: What is your name?

o Exclamation: What a beautiful place it is!

* Command / order: Open the window.  Sit down.

* Request / suggestion: Please, give your pen.  Let us go for
tea.

* Open sentence: its truth value depends on a variable or
on the person: x +6 =9, “He is tall”, “Mathematics is
an interesting subject”.

Simple and compound statements

Simple: cannot be split further. Compound: two or more

simple statements joined by connectives.

“3 is prime and 4 is even” is compound; “3 and 5 are twin

primes” is simple.

The five logical connectives

Word Symbol | Name Hint

and pAq | Conjunction | Tonlyif TAT
or pVyq |Disjunction |FonlyifFVF

if... then p —q | Conditional |Fonlyif T —F
ifand only if | p <+ g | Biconditional | T if both same

not ~p Negation opposite value

In p — g: p = antecedent (hypothesis), § = consequent (con-
clusion).

THEORY (contd.)
Conditional p — g

pPlq|r—19
T|T T
T|F F
F|T T
F|F T

Hint: F only when pis T and g is
18

Remember with: Mom: “If you
score 90%, then I'll buy you a
phone.” Broken only if you score
90% and get no phone. Score
less, and whatever she does, she
hasn’t lied.

Negation ~p

Pl ~P
T EF
F T

Hint: opposite truth value;
Remember with: “It is raining” — “It is
not raining.”

Biconditional p < g

pPlqg|rsqg
T|T T
T|F F
F|T F
F|F T

Hint: T when p, g have the same
value.

Remember with: “The gate
opens if and only if you show
your ID card.” Both happen to-
gether or neither.

~(~p) =p.

THEORY (contd.)
Truth tables of the five connectives (learn by heart)

Conjunction p A\ g Disjunction p Vg

P19|pPAg A RNAY
T|[T| T T|T| T
T|F| F T|F| T
F|T| F F|T| T
F|F| F F|F| F

Hint: T only when both are T. Hint: F only when both are F.
Remember with: “I finished my Remember with: “Iwill come by
homework and revised.” Sir is bus or by bike.” A lie only if I
happy only if both are done. come by neither.

THEORY (contd.)
Words — symbols

* “but”, “while”, “yet” mean and.

~p A ~g.

e “Itis not true that p” = ~p.

“neither p nor q” =

~(~p)=p

Finding truth values quickly (CET)
°* A=+ BisF = AisTand BisF. F — anything =T,

anything — T =T.

°* ANBisT=DbothT. AVBisF=DbothE A<« BisT

= same values.

* Fix every letter you can from these, then fill in the rest.
e Every real number is a complex number (0 = 0+ 0i, 3 +

V5 is complex).
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CLASS QUESTIONS

1. Which of the following are statements? Write the

truth values of the statements. [Board Solved]
i) 6x4=25
ii) x+6=9

iii) Please, sit down.
iv) Every real number is a complex number.

BOARD ANSWER — write it like this

i) It is a statement which is false, hence its truth value is F.
ii) It is an open sentence, hence it is not a statement.

iii) It is a request, hence it is not a statement.

iv) It is a statement which is true, hence its truth value is T.

2. State which of the following are statements. Justify. In
case of a statement, state its truth value. [Ex 1.1]
i) Zero is a complex number.
i) ¥2 = x.
iif) Do you like Mathematics?
iv) x2 —6x —7 =0, whenx = 7.
v) The sum of cube roots of unity is zero.

3. Express symbolically: “Delhi is in India but Dhaka is
not in Sri Lanka.” [Board Solved]

BOARD ANSWER — wrrite it like this
Let p: DelhiisinIndia, g¢:Dhaka isin Sri Lanka.
“but” means “and”. .. The symbolic form is p A ~g.

4. Write the following compound statements symboli-
cally. [Ex 1.1]
i) Angle is neither acute nor obtuse.
ii) If AABC isright angled at B, then mZA +mZC =
90°.
iii) x is not an irrational number but is a square of an
integer.

5. Write the truth value of: “Milk is white if and only if
the Sun rises in the West.” [Board Solved]

BOARD ANSWER — write it like this

Let p: Milk is white, g : The Sun rises in the West.
Truth values of p and g are T and F respectively.

The given statement in symbolic form is p « 4.

Sopeq=T& F=F. - Truth value of the given statement
isF.
6. Write the truth values of the following. [Ex 1.1]

i) Itis not true that 5 — 3i is a real number.
ii) If 3 x5 =8then3+5 = 15.
iii) Milk is white if and only if sky is blue.
7. Consider the following three statements:
(A) If3+2="7then4+3 =8.

(B) If 542 = 7 then earth is flat.
(C) If both (A) and (B) are true then 5+ 6 = 11.

Which of the following is correct? [MHT-CET 2025]
(A) (A), (C) true; (B) false  (B) (A) true; (B), (C) false
(C) (A) false; (B), (C) true (D) (A) false; (C) true

10.

11.

12.

13.

14.

15.

. If p,q are true and r, s are false statements, find the

truth value of ~(p — ¢q) <> (r As). [Board Solved]

BOARD ANSWER — write it like this
~(p—=q) < (rAs)=~(T—T) <+ (FAF)

=~TF=F«<F=T.
Hence the truth value is T.

. If p,q are true and r, s are false, find the truth values

of: [Ex 1.1]
) (p=q)Vir—=s)

i) (~r e p) =~

iii) ~[(~pAT) V(s = ~q)] < (pAT)

If p, g, r have truth values F, T, F respectively, then the

truth values of (p A ~q) — rand (pV gq) — r are re-
spectively [MHT-CET 2024]

(AT, T (B)T,F ©FET (D)E,F

Determine the truth values of p and g if (pVgq)is T
and (pVgq) »qisE [Misc Ex 1]

BOARD ANSWER — wrrite it like this

(rVvq) —qisE

s.(pvq)isTandgisF [ a — bisFonly whenais T, bisF]
NowpVgisTandqisF ... pisT.

Hence pisTand gis F.

Determine the truth values of p and g if (pV q)is T
and (pAgq)isT. [Misc Ex 1]

If p — (g Vr) is false, then the truth values of p,g,r
are respectively [MHT-CET 2024]

(AEEF (B TTF (CTFEF OFETT

If the statement p V ~(q A r) is false, then the truth
values of p, g and r are respectively [MHT-CET 2024]

(A ETF (B TEF (OETT @OFEET

Write the negations of the following. [Ex 1.1]
i) Tirupatiis in Andhra Pradesh.

ii) 3is not a root of the equation x* 4 3x — 18 = 0.

iii) 7+3 > 5.

PRACTICE QUESTIONS

16.

17.

Which of the following is/are not true? [MHT-CET 2026]

I) If 1is not a prime number, then 2 is not a prime
number.
I) eisavowel and 12 x 3 = 36.
III) It is not true that 14 is a composite number and
3 is an even number.
V) V/5is an irrational number, but 3 + /5 is a com-
plex number.

(A) Only I and IV (B) Only I

(C) Only II'and II (D) Only I, I and IV

Which of the following statements has truth value T?
[MHT-CET 2025]

A: Cube roots of unity are in G.P. and their sum is
1.
B: 4+7>10iff 2+ 8 < 10.
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18.

19.

20.

21.

22,

23.

24.

C: 3x € Nsuchthatx? —3x+2=0and 3n € N
such that # is odd.
D: 3 +iis a complex number or V2 4+ /3 =+/5.

(A)onlyA (B)B,C,D (C)AandC (D)Cand D

Consider the following statements:

p: If3* > 43, then 3% > 4%,

q: The roots of x> — 2x +2 = 0 are real if and only
if Mumbai is in Maharashtra.

r: Statement p is true or statement 4 is false.

Which of the following has truth value T? [MHT-CET 2026]

(A) (pvag)Ar B)pV(gAT)
©pnr(gvr) D) (pAg)Vr
If the statement pattern (p Agq) — (rV ~s) is

false, then the truth values of p, g, 7, s are respectively
[MHT-CET 2025]

(A)T,F,T,F
(OT,T,EF

(B)T,T, T, F
OTTET

If the truth value of [(pV g) A (g = 1) A (~1)] = (p A
q) is false, then the truth valuesof p — gand g — p
are respectively [MHT-CET 2026]

(A)T,T (B)TF (OFT (D)F,F

If p — (g V ~r) is false, then the truth values of (p <
g) Arand ~p — ~q are [MHT-CET 2026]

(AT, T (B)TF (OFT (D)F,F

If ~p — g is false and g <> r is false, then the truth
values of (p,q,r) are [MHT-CET 2026]

ATET BFELF (QEET (DETT

The truth value of p — ris Fand of p <+ g is F. Then
the truth values of (~pVg) — (pV ~gq) and (p A
~q) — (~p A q) are respectively [MHT-CET 2024]

(A)TF  (B)ET ©T,T (D)E F

Consider the following statements:

r: If p — qis false then p V g is false.
s: If p <> qis false then p V g is false.

The truth values of ¥ — s and s — r are respectively
[MHT-CET 2026]

(A)T,T (B)TF (OFT (D)F, F

SECTION B : TRUTH TABLES & TAUTOLOGY

THEORY

Statement pattern

A proper combination of statement letters and connectives,

e.g.p — q, ~pVq. The letters p,q,... are its prime compo-

nents.

Truth table of a pattern

Shows the truth value of the pattern for every combination

of its components.

* n letters = 2" rows.

o 2letters: p: TTFF, q: TFTE

e 3letters: p: TITTFFFF, gq: TTFFITFF, r: TFTFTFTE

* Board priority of symbols: ~, V, A, —, <+ —always use
brackets.

Tautology, contradiction, contingency

Last column Name Example
all T Tautology (f) pV~p
all F Contradiction (c) | p A ~p
some T, some F | Contingency pPAq

THEORY (contd.)

Logical equivalence

A = B if their truth tables are identical (same last columns).

Standard tautologies to remember

cp=>p p—>{@EVe, (Prg)—=>p pP—=@—=p)

s pA(p=al—=a [(p=a)A~g—~p

cllp=A@=n]—=(p—or), (pP—=q)Vig—p)

e Contradictions: (p Aq) A (~pV~q), (p—= g AN(pA
~q)

CET shortcut

To test A — B for a tautology, try to make A =Tand B=F.
If that is impossible, A — B is a tautology.

REMEMBER WITH

> Tautology: “India will win the match or India will not win the
match.” — always true.

> Contradiction: “I am awake and I am not awake.” — always false.

> Contingency: “I wake up early and reach class on time.” — true
on some days, false on others.

CLASS QUESTIONS

25. Construct the truth table of p — (g — p). [Board Solved]

BOARD ANSWER — wrrite it like this

plala—=plpr—(G—p)
T|T| T T
T|F T T
F|T F T
F|F T T

26. Construct the truth table for each of the following.
[Ex 1.2]

) (pA~q) < (p—q)
i) [p = (g—=n] < [(prg) — 7]
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27. Using truth table, prove that p A g = ~(p — ~q).
[Board Solved]

BOARD ANSWER — write it like this

I[II| III v \% VI
pla|~q|prg|lp—~q|~(p—~q)
T|T|F | T F T
T|F| T F T F
F|T| F F T F
F|F| T F T F

Columns IV and VI are identical.

SpAGE~(p = ).

28. Using truth table, prove: p <> q=~[(pVqg) A~(pA
)] [Ex1.2]
29. Using truth table, examine whether (p A q) A (~p V

~q) is a tautology, contradiction or contingency.
[Board Solved]

BOARD ANSWER — write it like this

plal~pl~q[pArq[~pV~a[(pADA(~pV~q)
TIT| F | F| T F F
TIF|F|T]| F T F
F|T| T F F T F
F|F| T T F T F

All the truth values in the last column are F. Hence it is a con-
tradiction.

30. Examine whether each is a tautology, a contradiction
or a contingency. [Ex1.2]
D) [(p—=a) A~gl = ~p
i) (perag)A(p—~q)

31. If p and g are statements, then is a contingency.

[MHT-CET 2024]
(A)ypA~p B)pV~p
©pVyg D) (pA(p—1q) =1
32. Consider the statement patterns
A (q—=p)V(p—q)
B. (~pVr~gq) < ~(pAg)
C. [(pVg)A~p]A~q
D. (pAg) A (~pV~g)
[MHT-CET 2026]
(A) A, B are contradictions; C, D are tautologies
(B) A, B are tautologies; C, D are contradictions
(C) A, B, C, D all are tautologies
(D) A, B, C, D all are contradictions

PRACTICE QUESTIONS

33. Using truth table, prove: (pVygq) - r=(p = r)A
(q =) [Ex1.2]

34. Examine whether [(p — ) A g] — p is a tautology,
contradiction or contingency. [Ex1.2]

35. The last column in the truth table of [p — (g A ~p)] V
[(pV~q) Aplis [MHT-CET 2025]

(A)TTTF  (B)TFFF  (C)TTTT (D) FFIT

36. The statement (p — ¢q) — ((~p — q) — q) is
[MHT-CET 2024]

(A) a fallacy
(C) equivalent to p — ~gq

(B) equivalent to ~p — g
(D) a tautology

37. The statement pattern [(p Aq) — (~p V1)V [(~pV
r) = (pAq)]is [MHT-CET 2026]

(A) a contradiction (B) a tautology
(C) equivalent to (pAgq) vV r

pVq

(D) equivalent to

38. The statement pattern [(p — q) A ~q] — r is a tautol-
ogy when r is equivalent to [MHT-CET 2025]

A)pA~q Bygvp Ophrg (D)~q

39. The correct logical equivalence(s) from the following
is/are [MHT-CET 2026]

Dp—=(q=r)=(pnig) —r
) (p—9q)—r=p—(qVr)
) (p—q)—=r=(p—r)AN(~g—71)
V) p=(qg—=r)=q—(p—r)

(A) L II ®)ILIV OILIV (D)LIV

40. The statement ~(p <> ~q) is [MHT-CET 2024]

(B) a fallacy
(D) equivalent to ~p <+ g

(A) equivalent to p <+ g
(C) a tautology

SECTION C: QUANTIFIERS AND DUALITY

THEORY

Quantifiers

Symbol | Read as True when

v for all, for every every object satisfies

3 there exists, for some | at least one satisfies

One counter-example makes a V statement F. No example at
all makes an 3 statement F.

Negation of a quantified statement
Change V <+ d (all <+ some) and negate the condition.

Statement Negation

All A are B Some A are not B
Some A are B No Ais B

Vx, x+1>3 Jxsuchthatx+1<3
Jxsuchthatx —4=3|Vx, x—4#3

Dual

Interchange A <+ V and t < c. The letters and ~ stay as

they are.

*pVg = pAg
q)Ar.

* Dual of the dual is the original. If A = B then dual A =
dual B.

* CET trap: a dual is taken only with A, V. If — or < is
present, first write it with A, V, ~ (p — g = ~p V gq), then
take the dual.

tVp = cAp;, (pAq)Vr — (pV

REMEMBER WITH

> V: “Every student of our batch has a phone.” One student without
a phone makes it false.

> 3: “Some student of our batch comes by bike.” One biker is
enough to make it true.

> Negation: “All my friends watch IPL” — “Some friend of mine
does not watch IPL.”
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CLASS QUESTIONS

41.

42,

43.

44.

45.

46.

47.

48.

If A={1,2,3,4,5,6,7}, determine the truth values of:
i)dx € Asuchthatx—4=3 1i)Vxe€ A, x+1>3
[Board Solved]

BOARD ANSWER — write it like this

i)Forx =7,x—4=7—-4=3. ' x =7 satisfiesx —4 = 3.
.. The given statement is true, its truth value is T.

ii) For x = 1, x + 1 = 2, which is not greater than 3.
.. The truth value of the given statement is F.

If A = {357,911,12}, determine the truth values

of: [Ex 1.3]
i) Yx € A, x> + x is an even number

ii) 3x € A such that x> < 0

iii) dx € A such that 3x +8 > 40

iv) Vxe A, 2x+9 > 14

If A= {123,456}, then which of the following is

not true? [MHT-CET 2026]
(A)dx € Asuchthatx+3=9 (B)dx € Asuch
thatx4+2 <9

COVxe A x+6>10 (D)dx € A such that
x+6<10

Write the duals of: i) pA[~qV (pAq) V ~7]
DV (e A ~)

i) (p A
[Board Solved]

BOARD ANSWER — write it like this
DpVi~gA(pVvg)A~r] i) (pVe) A (Y ~q)

Write the duals of:
) (pva) A (rVs)
i) (~pVg)A(~rAs)
iii) cvV{pA(gVvr)}

p,q,r have truth values T, F, F respectively. The truth
values of ~(p A ~q) V (qV ~r) and its dual are respec-
tively [MHT-CET 2026]

ATT (D)EF

[Ex 1.3]

(B) T, F (OFT

Write the negations of: i) All natural numbers are ra-
tional. ii) 3n € IN such that n + 8 > 11. [Board Solved]

BOARD ANSWER — write it like this

i) Some natural numbers are not rational.
ij)vVnelN, n+8 <11

Write the negations of: i) Vn € A, n+7 > 6, where
A ={1,2,...,9}. i) Some triangles are equilateral
triangles. [Misc Ex 1]

PRACTICE QUESTIONS

49.

50.

If A=1{1,2,...,9}, find the truth values of: i) Vx €
A, x+5<12 i)Vxe A, 3x <25. [Misc Ex 1]

Which of the following is/are False?

S1: 3n € N such that n? + n + 2 is divisible by 4.
S dx € N such that x — 17 < 20.

S3: Vx €N, x?+3x — 10 = 0.

Si: VneN, n2>1.

[MHT-CET 2026]

52.

(A)S1,S2  (B)S1,S3 (C)Only S3 (D) Sy, S4

. The negation of “For all M > 0, there exists x € S
such that x > M” is [MHT-CET 2025]

(A)IM > Osuchthatx > Mforallx € S
(B)IM >0, dx € Ssuch thatx > M

(C)dM >0suchthatx < Mforallx € S

(D) M > 0, there exists x € S such thatx < M

The dual of (p A ~q) — (g A ~p) is equivalent to

[MHT-CET 2026]
®B) (p = q) A ~(q = p)
(mﬁq%lﬁvbpﬁ
~q

(A)~(p—q)N(g—p)
©) (~p—=q9)N(g—p)

53. The dual of the converse of the inverse of p — (7 —

[MHT-CET 2026]

B pVv(r—q)
D) pV(g—r)

r) is equivalent to

(A) ~[pV (r—q)]
Q) ~[pV(qg—1)]

SECTION D : NEGATION & CONVERSE, INVERSE,
CONTRAPOSITIVE

THEORY
Negation of compound statements

Statement | Negation Rule
pAq ~pV ~q De Morgan
pVq ~pA~q De Morgan
p—q |pA~q never an if-then
perqg | (PAN)V@A~P) [ Sp o ~vg=np g
~p | ~(~p)=p
Relations: = — #, >—> <, < — >,
THEORY (contd.)
Four facesof p — g
Name Form Equivalent to
Statement p — g | contrapositive
Converse g —p |inverse
Inverse ~p — ~q | converse
Contrapositive | ~q — ~p | statement
Pla|p=q|9 2P| ~P > ~q |~ ~P
T|IT| T T T T
T|F E T T F
F|T| T F F T
F|F| T T T T

CET tricks

* Negation of the contrapositive = negation of the state-
ment = A\ ~B.

* No arrow in the statement? Rewrite first: ~pVg=p —
9, pVq=r~p =4

REMEMBER WITH

> “If I study daily, then I pass.” Contrapositive: “If I did not pass,
then I did not study daily” — same meaning. Converse: “If I
passed, then I studied daily” — not the same (maybe the paper
was easy!).

> Negation of “I will go to the movie and eat popcorn”: “I will not
go to the movie or I will not eat popcorn.”

> Negation of “If it rains, I carry an umbrella”: “It rains and I do not
carry an umbrella.”
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CLASS QUESTIONS

54.

55.

56.

57.

58.

59.

Write the negations of: i)7 > 3 and 4 > 11. ii) The
number is an even number if and only if it is divisible
by 2. [Board Solved]

-

BOARD ANSWER — wrrite it like this

i) Let p:7 >3, q:4 > 11. The given statement is p A 4.

Its negation is ~(p A q) = ~p V ~q.

.. The negationis: 7 < 3 or4 < 11.

ii) Let p : The number is an even number, g : The number is
divisible by 2.

The given statement is p ¢ 4. Its negation is ~(p <+ q) = (p A
~q) V (q A r~p).

.. The negation is: “The number is even but not divisible by 2,
or the number is divisible by 2 but not even.”

Write the negations of the following.
i) x+8>1lory—3=6.

ii) Quadrilateral is a square if and only if it is a rhom-
bus.

[Ex 1.3]

iii) If it is raining then we will go and play football.
iv) Vn € N, n? + n + 2 is divisible by 4.

Negation of “The payment will be made if and only if
the work is finished in time.” is [MHT-CET 2024]

(A) The work is finished in time and the payment
is not made.

(B) The payment is made and the work is not fin-
ished in time.

(C) The work is finished in time and the payment
is not made, or the payment is made and the work
is finished in time.

(D) Either the work is finished in time and the pay-
ment is not made, or the payment is made and the
work is not finished in time.

Write the converse, inverse and contrapositive of: “If
it rains then the match will be cancelled.” [Board Solved]

BOARD ANSWER — write it like this

Let p:Itrains, q: The match gets cancelled. .. Given state-
mentis p — q.

i) Converse q — p: If the match gets cancelled then it rains.

ii) Inverse ~p — ~q: If it does not rain then the match will not
be cancelled.

iii) Contrapositive ~gq — ~p: If the match is not cancelled then
it does not rain.

Write the converse, inverse and contrapositive of:
[Ex 1.3]
i) If x <y then x> < % (x,y € R).
ii) A family becomes literate if the woman in it is lit-
erate.

Contrapositive of “If two numbers are not equal, then
their squares are not equal” is [MHT-CET 2024]

(A) If the squares of two numbers are not equal,
then the numbers are equal.

(B) If the squares of two numbers are equal, then
the numbers are not equal.

(C) If the squares of two numbers are equal, then
the numbers are equal.

(D) If the squares of two numbers are not equal,
then the numbers are not equal.

60.

The negation of the contrapositive of p — (~g A ) is
[MHT-CET 2024]

(B) (gV~r)Ap

(D) (~q A ~r) V ~p

(A) (~q V ~r) Ne~p
©) (@A~r)VPp

PRACTICE QUESTIONS

61.

62.

63.

64.

65.

66.

67.

Write the converse, inverse and contrapositive of: “If
voltage increases then current decreases.” [Ex 1.3]

Negation of “If an integer is greater than 4 and less
than 5, then it is a multiple of 3” is [MHT-CET 2026]

(A) An integer is not greater than 4 but less than 5
and it is a multiple of 3.

(B) If an integer is not greater than 4 and less than
5 then it is not a multiple of 3.

(C) An integer is greater than 4 and less than 5 but
it is not a multiple of 3.

(D) An integer is not greater than 4 and not less
than 5 but it is not a multiple of 3.

The negation of (p Agq) = ((pV r) — ~q) is equiva-

lent to [MHT-CET 2026]
A)pAg B)pA~r
©4gn(pVr) (D) ~pA~q

The negation of (p A ~gq) — (p V ~q) is [MHT-CET 2025]

(A) a tautology (B) a contingency

(C) a contradiction (D) equivalent to p A g

Consider the statements:

p: If voltage increases then current decreases.

g: If voltage does not increase then current does
not decrease.

r: If current decreases then voltage increases.

s: If current does not decrease then voltage does
not increase.

Which pairs have the same meaning?  [MHT-CET 2026]

(A)p,gs1r,s B)p,r;9,s (C)p,s;q,r (D)no pair

The equivalent statement of “If three vertices of a tri-
angle are represented by cube roots of unity, then the
triangle is equilateral” is [MHT-CET 2025]

(A) Three vertices are cube roots of unity and the
triangle is not equilateral.

(B) If a triangle is equilateral then its three vertices
are cube roots of unity.

(C) If three vertices are not cube roots of unity then
the triangle is not equilateral.

(D) If a triangle is not equilateral then its three ver-
tices cannot be cube roots of unity.

Consider the statements:

p: If 7 is an odd number then 7 is divisible by 2.
g : If 7 is a prime number then 7 is an odd number.

If V4, V;, are the truth values of the contrapositives of
p and g, then (V4, V) = [MHT-CET 2025]

A (TT)  B@TF OET (D) EEF
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68.

69.

70.

The contrapositive of ~q — p is equivalent to
[MHT-CET 2026]

B)pANg
(D) ~p — ~q

A)p—9q
©pvyg

Consider the statements:

I: If the work is not finished on time, the contrac-
tor is in trouble.
II: Either the work is finished on time or the con-
tractor is in trouble.

Then
(A) Il is negation of I

[MHT-CET 2024]
(B) I is converse of 1

(C)Iand Il areequivalent (D) Ilisinverse ofI

Consider the statements:

p: Xis an equilateral triangle,
g : Xis an isosceles triangle,
r.q\Vvoep.

The equivalent statement of r is [MHT-CET 2024]

(A) If X is not equilateral, then X is not isosceles.
(B) X is neither isosceles nor equilateral.

(C) Xis isosceles but not equilateral.

(D) If X is not isosceles, then X is not equilateral.

SECTION E : ALGEBRA OF STATEMENTS

THEORY

Two important results
cprg=E~pVe
cpeq=(p—=a A= p)

= (~pVa) A (~qVp)
Algebra of statements

Law Statement (and its dual)

Idempotent |(pAp=p, pVp=p

Commutative | pAg=qgAp, pVg=qVp

Associative | (pAg)AT=pA(qAT)
(pVa)vr=pv(qVr)

Distributive | pA(gVr)=(pAg)V (pAr)
pV(gAr)=(pVa) A(pVr)

DeMorgan | ~(pAgq) =~pV ~q
~(pVag) =~pA~q

Identity pAt=p, pAc=c
pVec=p, pVt=t

Complement (pA~p=c, pV~p=t
~t=¢c, ~c=t

Absorption | pV(pAg)=p, pA(pVg) =p

Involution ~(~p)=p

Proving “without truth table”

Start from one side, change one step at a time, and write the
law used in brackets at every step — the board gives marks
for the law names.

Writing “without if...then”

Usep —-qg=~pVg, ie “notporqg”.

(conditional law)
(biconditional law)

>

>

>

REMEMBER WITH

Absorption: “I'll eat pizza, or I'll eat pizza and drink cola” — ei-
ther way, I eat pizza: pV (p Aq) = p.

Identity: “I passed and the Sun rises in the east” says nothing
more than “I passed”: p At = p.

Conditional law: “If it is Sunday, I sleep late” = “It is not Sunday

or Isleep late.”

CLASS QUESTIONS

71.

72.

73.

74.

75.

76.

77.

78.

Write the negation of (p V q) A (g V ~r), stating the
rules used. [Board Solved]

BOARD ANSWER — wrrite it like this
~(pva)A(gV~r)

=~(pVvq)V(qVer) [De Morgan’s law]
= (~pAr~q) V (~qAT) [De Morgan’s law]
= (~gA~p)V (~gAT) [Commutative law]
=~qA(~pVr) [Distributive law]

Using rules of negation, write the negations with jus-
tification: i) (pV ~g)Ar i) (pV~q) = (pA~q)
[Ex 1.4]

Rewrite without using if. . . then: “If it is cold, then we
wear woollen clothes.” [Board Solved]

BOARD ANSWER — wrrite it like this

Let p:Itiscold, gq: We wear woollen clothes.

The given statementis p — g,butp — qg=~pVyq.

.. The given statement can be written as: “It is not cold or we
wear woollen clothes.”

Rewrite without using if.. . then: i) If a man is a judge
then he is honest.  ii) If f(2) = 0 then f(x) is divisi-
ble by (x —2). [Ex 1.4]

Without using truth table, prove that ~(p V gq) V
(NP N ‘7) = ~p. [Board Solved]

BOARD ANSWER — write it like this
LHS = ~(pVq) V (~p A4q)

= (~pA~g)V(~pAg) [De Morgan’s law]
=~pA(~qV9q) [Distributive law]
=~pAt [Complement law]
=~p [Identity law] = RHS.

Without using truth table, prove that:
D) (pva)A(pV~g) =p
i) (pAg)V(~pAg)V(pA~g) =pVy

The statement pattern [p A (g V r)] V [~r A ~q A p] is
equivalent to [MHT-CET 2024]

(A)gVr ©q D) p

The proposition (~p) V (p A ~q) is equivalent to
[MHT-CET 2024]

D)g—p

[Ex 1.4]

B)ypvr

A)ypA~q B)yp—~9 (OpVyg

PRACTICE QUESTIONS

79.

80.

81.

Without using truth table, prove that p <> g = (p A
Q)Y (~p A~g). [Ex 1.4]

((pAg)V(pV~q) A (~pA~q) is equivalent to
[MHT-CET 2024]
(Aypng
©pAr~q
The logically equivalent statement of (~p A gq) V
(~pA~q) V(P Ag)is [MHT-CET 2025]
(A)~pAg
©~pA~g

(B)pV~g
(D) ~p A ~q

(B) ~pV ~q
D)pVvy
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82. (pVq)AN[(~pAq)V (pA~q)]A~qislogically equiv-

alent to [MHT-CET 2026]
(A pAr~g (B) ~pAq
©rng (D) ~pV~q

83. The statement pattern (p\V q) — ~r islogically equiv-
alent to [MHT-CET 2026]
(A) (~pV ~g) Vr (B) (~p A ~g) A
©) (~pAg) Vv or (D) (~p Vv ~g) A

84. The negation of the contrapositive of (pV ~q) — (p A
~q) is [MHT-CET 2026]

A) (pA~q)V(~pA~g) B) (~pAg)V(pA~q)
©) (~pV~g)A(pVg) D) (~pVa) A(pV~q)

SECTION F : SWITCHING CIRCUITS

THEORY
Logic « circuits

A switch is a two-state device: closed/ON (current flows)
or open/OFF.

In the circuit In logic

Switch Sy is closed r
S} (always opposite to 51) | ~p
Same letter on two switches | same state (equivalent)

Switches in series A
Switches in parallel \%
ON / OFF 1(T) / 0(F)
Lamp always glows (all 1) | tautology
Lamp never glows (all 0) contradiction
S1
& & Eji
L L
Series: p A\ q Parallel: p Vv g

THEORY (contd.)

Switching (input-output) table

A truth table written with 1 and 0. The lamp glows in the
rows where the expression is 1.

Simplifying a circuit

1. Write the symbolic form of the circuit.

2. Simplify it with the laws of Section E.

3. Draw the circuit of the simplified form (minimum
switches).

REMEMBER WITH

> Series = two doors one after another on the way to class: you get
in only if both are open (A).

> Parallel = two gates of the school: either gate open lets you in (V).

> Sand S’ = two bulbs on a “one ON, other OFF” toggle: whenever
one is ON the other is OFF.

CLASS QUESTIONS

85. For the circuit below: i) write the symbolic form, ii)
construct the switching table, iii) simplify the circuit.
[Board Solved]

86.

87.

88.

89.

90.

BOARD ANSWER — write it like this

Let p: switch S; is closed, g : switch Sy is closed, r: switch S3
is closed.

i) Symbolic form: (p Aq) V (~p Aq) V (r A ~q).

ii) Switching table:

plafr|~p|~q|pAq|~pAq|rA~q|X

1{1(1|{ 0|0 1 0 0 1

1{1(0] 0| O 1 0 0 1

1{0f1] 0 1 0 0 1 1

1/0|0| O 1 0 0 0 0

o111 0 0 1 0 1

o|1(0| 1 0 0 1 0 1

ojoj1| 1 |1 0 0 1 1

0j0j0| 1 |1 0 0 0 0
i) X =[(pV~p)AqlV(rA~q) [Distributive law]
=(tAq)V(rA~q)=qV (rA~q) [Complement, Identity]
=(qVr)AN(gV~q) [Distributive law]
=@Vr)ANt=qVr [Complement, Identity]
Simplified circuit: S, and S in parallel.

S

=

L

Express the following circuits in symbolic form and
write the input—output table. [Ex 1.5]
S s S
i) ——— ii) —.
Sy S3 S1 Sé
—_—r . — .
A
L L

Construct the switching circuit of (p AgAT) V [~p V
(q A NT)] [Board Solved]

BOARD ANSWER — write it like this
Let p:switch S, q: switch Sy, r: switch S3 (closed). The ex-
pression is the parallel combination of three branches: Sy, S>, S3
in series; S}; Sy, S} in series.

S1 So S3

—— -
i

Sl

| —

Sy Sg
L 2

H

Construct the switching circuit of (~p Aq) V (p A ~r).
[Ex 1.5]

Simplify the given circuit by writing its logical expres-
sion. Also write your conclusion. [Textbook Ex]

B

Give an alternative equivalent simple circuit for:
[Ex 1.5]
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91. Write the symbolic form of the circuit, construct its
switching table and interpret it. [Ex 1.5]

51

S5

S S

|

@

L

92. In a switching circuit, if the combination (S1 A S)

is connected in parallel to the combination (Sj A S5),
then the room is lit only when [MHT-CET 2026]
(A) 51 is ON and S, is OFF

(B) S1 is OFF and S, is ON

(C) S1 and S, both ON or S; and S, both OFF

A)p (B) g ©png D)pvg

PRACTICE QUESTIONS

94. Obtain the simple logical expression and draw the
corresponding circuit: i) pV (g A ~g) 1ii) (~pAq)V
(~pA~q) V(P A~g) [Ex15]

95. If p,q,r : switches Sq, S, S3 are closed, then the sym-
bolic form of the following circuit is equivalent to

[MHT-CET 2025]

Sz

(D) The room is always lit
L
93. If p,q,7 : switches S1, Sy, S3 are closed, then the sym-
bolic form of the following circuit is equivalent to (A)pA(gVr) B)gvr
[MHT-CET 2025] QOvp (D) ~q A ~r
ANSWER KEY
A. Statements & connectives B. Truth tables papeoqgp—~qg X
TT| T F F

1, 3, 5, 8, 11. Board Answer given 25, 27, 29. Board Answer given TEl F T F
2. i) statement, T (0 = 0 + 0i) 26. i) contradiction FT| F T F
ii t , hot a stat t FF| T T T
i open sentence, nota statemen I NI
}“) ) f rogatn%e@o 343 '397 ¢ 0 TT| F T F 31. (C) 32.(B)
1V) statement, — —/ = T F T F F o .
v) statement, T (1 + w + w? = 0) FT| F T F 33'3._(7’_%7’)/\(qﬁ7')/ (pva)—r

. . ) and B identical
4. i) p: Angle is acute, q: Angle is FF| F T F 5
obtuse; ~p A ~q ii) tautology Z? ~7~ ; (P Vrzr) —rr ? L ? : T
ii) p: AABC is right angled at B, g: TTF F F F F
mZA+m/C=90% p—q pqgrigorp—o@—r) (phg) —r <
. . o7 . TTT T T T T TET T T T T
iii) p: x isan }rratlonal number, g: x is a e - - T TEF F F T F
square of an integer; ~p A g TETI T T T T FTT T T T T
6. i) p: 5 — 3iis a real number (F); ~p = TFF| T T T T FTEF F T F F
T FTT| T T T T FFT T r T T
ii) p: 3 x 5 =8 (F), q: 345 = 15 (F); FTE| F T T T FFF T r ©v.7
p—>q=F=F=T FET T T T T 34. contingency
iii) p: Milk is white (T), g: Sky is blue (T); FFF T T T T

S =ToT=T palp—q9 (P9 Mg X
pPera= = 28. A= (pVaq)A~(pAq); ~Aand TT| T T T
7. (A) 10. (B) p < q identical TFE|l F F T
9. ) (T>T)V(F=-F)=TVT=T p qlpvg ~(phq) A ~A peg EE $ E ;
ii)(T<+T)->F=T—-F=F TT| T F F T T
iii) ~[(FAF)V (F = F)] + (TAF) = TF| T T T F F 35. (C) 36. (D) 37. (B) 38. (D) 39. (D)
~[FVT] < F=F«F=T FT| T T T F F 40. (A)

. . . F F| F T F T T
1(2:. 4 ;\4q 1sCT = pisTandgis T 13. 30. 1) tautol C. Quantifiers & duals
. . i olo

(15) )T ©) Andhra Pradesh autology 41, 44, 47. Board Answer given

. i) Tirupati is not in Andhra Pradesh. palp—q (p—=q) A~q ~p X . 5 .
ii) 3 is a root of the equation x? + 3x — TT| T F F T fl.Z'Fl) T +x=x(x+1)
18 = 0. TF| F F F T ii)
i) 7+3 < 5,ie.7+3 % 5. FT| T F T T fii) T (x = 11)
16. (B) 17. (D) 18. (D) 19. (D) 20. (C) PR T T T ) T

) ’ ’ ) ) 43. (C) 46. (B)

21. (C) 22. (C) 23. (A) 24. (A) ii) contingency

45. 1) (pANg) V (rA\s)
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ii) (~p Aq) V (~rVs)

i) tA{pV(gNrr)}

48. i) dn € Asuchthatn+7 <6

ii) No triangle is an equilateral triangle.
49. )F(x =7)

i) F(x=9)

50. (C) 51. (C) 52. (B) 53. (A)

D. Negation; C/I/C

54, 57. Board Answer given

55. i) (p:x+8>11,: y—3=6;,~(pV
g)=r~pA~g)x+8<1landy—3#6
ii) (~(p < q) = (pAr~qg)V(gA~p) A
quadrilateral is a square but not a
rhombus, or it is a rhombus but not a
square.

iii) (~(p — q) = p A ~q) It is raining
and (we will not go or we will not play
football).

iv) 3n € N such that n% + n + 2 is not
divisible by 4.

56. (D) 59.(C) 60. (B)

58. i) (p:x <y, q: x> <y%p—9q)
C:Ifx? < y2 then x <y.

L If x > y then x2 > y2.

CP: If x2 > y2 then x > y.

ii) (p: the woman is literate, 4: the family
becomes literate; p — ¢)

C: If a family becomes literate then the
woman in it is literate.

I: If the woman is not literate then the
family does not become literate.

CP: If a family does not become literate
then the woman in it is not literate.

61. (p: Voltage increases, q: Current
decreases; p — q)

C: If current decreases then voltage
increases.

I: If voltage does not increase then
current does not decrease.

CP: If current does not decrease then
voltage does not increase.

62. (C) 63. (A) 64. (C) 65. (C) 66. (D)
67. (C) 68. (C) 69. (C) 70. (D)

E. Algebra of statements
71,73, 75. Board Answer given

72. i) ~[(pV~g) Ar] = ~(pV ~g) Vo
[De Morgan] = (~p A q) V ~r [De
Morgan]

i) ~[(pV~g) = (pA~g)] = (p v

~q) A~ (p A~g) [~(p = q) = p A~
= (pV ~q) A (~pV q)[De Morgan]

74. i) p: Amanis ajudge, g: Heis
honest; p =+ g = ~pVg: “Amanisnota
judge or he is honest.”

ii) p: f(2) =0, g: f(x) is divisible by

(x —2);“f(2) #0or f(x) is divisible by
(x =2).”

76. i) =pV(gA~q)[Dist]=pVec
[Compl.] = p [Iden.]

ii) = [(pV ~p) Ng] vV (pA~q) [Dist] =
gV (p A~q) [Compl., Iden] = (qVp)A
(qV ~q) [Dist.] = p V q [Compl., Iden.,
Comm.]

77. (D) 78.(B)

79. p & g = (~pVg) A(~qVp)
[Bicond.] = (~pA~q)V (~pAp)V
(qA~q)V(qAp) [Dist] = (~pA~g)V
(p A q) [Compl., Iden.]

80. (D) 81. (B) 82. (A) 83.(C) 84. (D)
E. Switching circuits

p,q,r : switches Sy, Sy, S3 are closed.

85, 87. Board Answer given

86. i) pV (gAT)

pqgrighr pV(gAr)
111 1 1
110| 0 1
101 O 1
100] 0 1
011 1 1
010| 0 0
001| o 0
000l O 0
i) (~pAq) V(pA~q)

pal~pNg pA~q X
11] 0 0 0
10/ o 1 1
01 1 0o 1
00l o0 0 0

88. (~pAq)V (p A ~r):

89. p/\ ~pv~q Ng= p/\mq ANg=
p A c = c. The lamp will never glow,
whatever the switches.

90. pA(~pVq)=(pA~p)
pAg:

V(pAg)
S Sy

91. X=pVrqV(~pAg)=pV(~qV

~p)A(~gV Q) =pV gV ~p =t

pal~q ~pAqg X
11 0 1
10| 1 0o 1
01|o0 1 1
00| 1 0o 1

All 1: the lamp always glows.
92. (C) 93.(A) 95.(A)
9. i)pVc=p

S

[ o

i) = [~pA(qV~q)]
(pA~g)=~pV~y

5

V(pAr~g) =~pV

5

®
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